1. Introduction and notation. The aim of this note is to present a generalization of two results; one of Hobby and Wright (Theorem 1 of [3] ) and the other of Janko [4] .
The symbols á, <, <3 mean, in turn, "is a subgroup of", "is a proper subgroup of", "is a normal subgroup of". A subgroup S is subnormal in a group G if there are subgroups Sx, ■ ■ • , Sm ol G such (1.1) Theorem. Let nbe a positive integer. Let G be a nilpotent group in which y"(G) has the following properties:
(a) for every prime p the Sylow p-subgroup has finite exponent, and (b) the factor group by the periodic subgroup (i.e., the subgroup generated by and consisting of the elements of finite order) is finitely generated.
If H is a subgroup of G such that yn(H) <yn(G), then yn(Hy2(G)ßp(G)) <yn (G) for some prime p. 
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License or copyright restrictions may apply to redistribution; see http://www.ams.org/journal-terms-of-use theorem does not hold when the hypotheses are weakened in any obvious way. The paper of Hobby and Wright has two mistakes. The first occurs in the proof of their Lemma 1. The referee informs me that Hobby and Wright sent him a correction of this with an offprint. The proof of Lemma 2.1 below is the referee's which he based on Hobby-andWright's correction; my original proof was based on a slightly different inductive step. The second mistake was recently pointed out and corrected by Hill [2] .
The results on subgroup commutators which are used in the proof, in §3, of Theorem 1.1 are derived in §2. By using more refined commutator calculations it is possible to put Hill's Theorem B in the same setting. (This will not be done here.)
I am greatly indebted to the referee; this note owes much to his constructive comments, for these I thank him. I am indebted to Dr. Janko for drawing my attention to [4] , 2. Commutator calculations. The proof of Theorem 1.1 is made to depend on some results on subgroup commutators.
These are derived here from the well-known element commutator identities : If H is a subgroup of a group G and yn(H) -yn(G) for some positive integer n, then yn+i(H)=y"+x(G).
The proof of this is based on the following simple and presumably known generalization of the well-known fact that every subgroup of a nilpotent group is subnormal. Let 5 be an integer greater than 1 and suppose the theorem has been proved for all subgroups of G whose subnormal length is less than s. Let K be a subgroup of G with subnormal length 5 and such that y"iK) = 7"(G). Let L be a subgroup of G which has subnormal length less than s and in which K is normal, then yniK) =yniL) = 7"(G). Hence, by the inductive hypothesis, yn+iiL)-yn+iiG); and y"+iiK) =7"+i(L) because K<^L. Therefore the theorem is true for all subnormal subgroups and the proof is complete.
3. Proof of Theorem 1.1. Proof. Since every subgroup of G is subnormal (Lemma 2.3), an induction on subnormal length proves the result.
Let A7 be a normal subgroup of G such that yniN) <7"(G), then 7n(G/7"(A7')) =7n(C)/7"(Ar)
is nontrivial and so, since every factor group of G is nilpotent, yn+iiG/yniN)) <y"iG/yniN)). Hence 7"+1(C7)7,l(A0/7n(A0 < yniG)/yniN) and therefore yn+iiG)yniN) <7n(G). Let s be an integer greater than 1 and suppose the lemma has been proved in all nilpotent groups for all subgroups whose subnormal length is less than 5. Let ii be a subgroup which has subnormal length j in G and is such that yniK) <7"(G). Let L be a normal subgroup of G in which K has subnormal length less than 5. If yniL) <7"(G), then 7"(L)7"+i(G) < 7"(G) and, a fortiori, yniK)yn+iiG) < 7n(G). If 7»(L) = 7"(G), then y"iK)<yn(L) and soyniK)yn+i(L) <7«iL) = Y»(G) by the inductive hypothesis. But 7"+1(L)=7"+i(G), by Theorem 2.2, so yniK)yn+iiG) <7n(G) as required.
Proof of 1.1. Since 7n(G) is nilpotent, it is easy to verify that every factor group of 7"(G) has properties (a) and (b) of the statement of the theorem. It follows, using Lemma 3.1, that yniG)/yniH)yn+iiG)=K, say, is a nontrivial abelian group with properties (a) and (b). Hence clearly ßPiK) <K for some prime p and so /3p(7"(G))7"(iî)7n+i(G) <7"(G). Therefore it suffices to prove that yniHyt(G)ßPiG)) á 7»(#b»+i(G)/îP(7n(G)).
This is proved inductively (on n). The result is trivial for n -1. Ii «>1, suppose 7"-i(ff72(G)¿3J1(G)) è yn-iiH)yniG)ßPiyn-iiG)),
then
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